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Abstract In this paper, a resilient tracking control scheme with cooperative collision avoidance performance

is studied for the fixed-wing unmanned aerial vehicle (UAV) leader-follower formation in the presence of

actuator failures and external disturbances. Firstly, based on the control objectives of UAV formation tracking

and collision avoidance, the transformation tracking errors are obtained using the prescribed performance

control technique. Next, a fault detection mechanism is introduced to determine if there is the actuator

fault. Subsequently, the event-triggered resilient fault observers are designed based on a dynamic event-

triggered mechanism to estimate actuator faults. Furthermore, the prescribed performance functions and the

H∞ performance index are employed to ensure the UAV formation collision-free and mitigate the impact of

disturbances. Moreover, the resilient controller is designed to minimize the effect of the perturbations for the

control gain and the fault observer gain on the system. The stability of the system is also proven through the

Lyapunov stability analysis, and the controller gains are calculated by solving the linear matrix inequality.

Finally, the validity of the proposed control strategy is demonstrated by the simulation analysis.

Keywords UAV formation, cooperative collision avoidance, event-triggered fault observer, prescribed per-

formance, resilient control

1 Introdution

With the continuous advancement of unmanned aerial vehicle (UAV) technologies, the UAV formations
have been heavily employed in civilian and military fields. For instance, the UAV formation can execute
tasks such as the traffic monitoring and the logistics transportation by carrying various mission payloads.
In military applications, they are utilized for reconnaissance, surveillance, logistical support, maritime
search and rescue, among other tasks [1–3]. In these diverse mission scenarios, the UAV formation
can offer higher time efficiency and lower economic costs compared to single UAVs [4]. However, the
transition from single UAV to multi-UAV formations presents the formation flight control challenges,
the attention of numerous scholars has been garnered. For instance, an adaptive sliding mode controller
designed based on the neural network was utilized for the distributed quadrotor UAV formation in [5,6],
the distributed relative localization method and the distance-based formation control scheme were also
proposed. Therefore, further research into UAV formation is necessary, as it represents an important
topic.

During the actual flight of the UAVs, due to their numerous sensors and complex system components,
the actuator faults are prone to occur [7]. For a single UAV, the potential faults can directly lead to a
decrease of the system performance or even to a crash. For a UAV formation system, the occurrence of
single or multiple actuator faults can affect the communication links between the formation members,
compromising the overall performance of the formation system [8]. Therefore, the research is essential
for the fault-tolerant control techniques. Currently, there are many excellent research achievements in
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this area [9–12]. For example, based on the individual fault values provided by the fault observers, a
fault-tolerant formation control technique was presented in [9]. In [10], a multi-agent cooperative tracking
control scheme with an adaptive switching mechanism was proposed by utilizing a fault observer. In [11],
the H∞ fault observer was utilized to concurrently estimate sensor and actuator faults, a fault-tolerant
control law was subsequently designed. In light of the preceding analysis, the utilization of active fault-
tolerant control techniques centered on fault observers has proven to be an effective method of addressing
the issues related to faults. Nevertheless, it is worth noting that the literature referenced earlier did not
specifically tackle the matter of fault detection. Furthermore, the introduction of fault observers can
increase the computational and communication resources burden on the entire UAV formation system.
Therefore, there is a need for further research to address these issues.

As widely recognized, the efficient communication links are the necessary condition for the UAV forma-
tion systems to accomplish collaborative tasks [13]. For the UAV formation systems, the communication
between UAVs is essential to prevent collisions within the formation. However, the generation of flight
control signals relies on periodically sampled updates of the state information, leading to the generation of
a significant amount of redundant data. For this problem, the event-triggered technology is an effective
technical approach, it distinguishes itself from conventional periodic updates by setting the threshold
values for the event-triggered mechanism to minimize the amount of data transferred [14, 15]. Hence,
it is widely employed as an effective means to alleviate communication pressure. In [16], an observer-
based resilient event-triggered mechanism was developed to counter DoS attacks. An event-triggered
mechanism was designed to alleviate the computing burden of the model predictive formation control by
considering the state prediction errors in [17]. In [18], based on the measurement errors of control signals,
an event-triggered controller was presented to decrease the consumption of telecommunication resources.
Building upon the aforementioned work, this paper considers the integration of an event-triggered tech-
nology into the design of fault observers for the UAV formation systems, thereby indirectly reducing the
communication load. As far as the author knows, this approach is relatively less explored in existing
research.

In addition to actuator faults, the internal collisions within UAV formation and the external distur-
bances are also challenges in formation control. To prevent internal collisions in UAV formation, two main
approaches are utilized: the optimization-based methods [19] and the artificial potential fields [20]. But
both methods have some limitations: the optimization-based methods can be computationally complex
and challenging to implement [21], while the artificial potential field methods may have reduced effi-
ciency in complex environments [22]. Recently, other approaches have been proposed in recent research.
In [23,24], the prescribed performance control (PPC) method was employed to address internal collisions.
The PPC method is generally used to constrain tracking errors within predefined bounds [25, 26]. For
instance, in [27], the PPC method was employed to converge tracking errors for uncertain systems within
predetermined bounds. Similarly, the PPC technique was used to restrict the position for ships in [28].
However, when external disturbances are present, the achievement of the prescribed performance can
be challenging. Therefore, the external disturbances are significant factors that cannot be ignored in
UAV formation. These disturbances are typically caused by the factors such as winds and turbulence,
and they can be considered as attenuating disturbances. H∞ control is an effective approach for atten-
uating energy bounded disturbances [29, 30]. However, the existing H∞ control technique is the fragile
controller, which is sensitive to small changes of the parameters. In other words, the implementation
of the controller is often affected by multiple physical factors and parameter perturbations, which can
impact the properties of the UAV formation system. Therefore, in the context, a dual control framework
that incorporates a prescribed performance technique and the H∞ control is utilized to address both the
internal collision avoidance and the external disturbance rejection, the noteworthy point being related to
the resilient controller which is devised to increase the non-fragility of the UAV formation system.

Inspired by the aforementioned research, this paper addresses the issues of internal collisions, actuator
faults and external disturbances for fixed-wing UAV formation systems. Combining PPC and H∞ control
techniques, the fault-tolerant cooperative collision avoidance and the resilient control schemes are devel-
oped on the basis of the dynamic event-triggered (DET) fault observers. The principal contributions are
outlined as follows.

(i) Considering the limitations of the computational and communication resources, this paper incor-
porates the event-triggered mechanisms into the design of fault observers.

(ii) To avoid internal collisions and deal with external disturbances, the control constraints based on
the prescribed performance function and H∞ performance index are introduced in this paper to ensure
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the safety of UAV formation flight.

(iii) In contrast to prior literature, this work addresses the issues of controller and observer gain pertur-
bations in UAV formation. Meanwhile, the resilient controller is developed with the aim of strengthening
the robustness and reducing the vulnerability of the system.

The subsequent sections are organized as the following. Section 2 introduces the fundamental back-
ground information and outlines the problem description. The design procedure of the cooperative
fault-tolerant controller is developed in Section 3, including the comprehensive discussion of the fault
detection mechanism, the event-triggered fault observer, and the formation controller design. Section 4
presents the primary findings of this paper in theorem format, accompanied by proofs for the pertinent
design contents introduced in Section 3. Then, the validity of the development control approach is fur-
ther substantiated through the simulation results in Section 5. Lastly, Section 6 provides the research
conclusion in this paper.

Notations. In this paper, ℓ̄ denotes continuous time. For a matrix of the form
[

A ∗

B C

]

, ∗ denotes the

transposed one, i.e., BT. ⊗ represents the Kronecker product. In stands for the identity matrix with n

dimensions. 0m̄×m̄ signifies a square matrix where all of its elements are zero. 0m̄ stands for the vector
with all the elements being 0. diag{β} indicates the diagonal matrix consisting of the elements from the
vector β.

2 Problem statement and preparatory knowledge

2.1 Concepts of graph theory

In this paper, the UAV formation consisting of N + 1 UAVs, where one UAV acts as the leader and
provides reference trajectories for the other N following UAVs. A complete UAV formation requires the
UAVs to maintain a safe distance between each other to prevent collisions. Thus, the goal of this paper
is to ensure that each UAV can stably track its respective desired trajectory while meeting predefined
performance requirements for tracking errors. Furthermore, to maintain the formation shape and meet
mission requirements, the communication among the UAVs is necessary. Therefore, the information
exchange between UAVs can be described using a directed graph [31].

On the basis of the fundamental principles of graph theory, the adjacency matrix [cij ](N+1)×(N+1)

(i, j = 0, . . . ,N ) is introduced to describe the interaction among the UAVs. In this matrix, cij = 1
represents a strong communication link between the ith and jth UAVs, while cij = 0 indicates that there
is no communication between the two UAVs. Additionally, H = D − [cij ]N×N is the Laplacian matrix,

where D = diag{
∑N

j=1 c1j , . . . ,
∑N

j=1 cN j} is the degree matrix.

2.2 Model presentation and problem description

The kinematic model of a fixed-wing UAV is usually stated by the following forms [32]:











˙̟ xi(ℓ̄) = υi(ℓ̄) cos
(

µi(ℓ̄)
)

cos
(

ϕi(ℓ̄)
)

,

˙̟ yi(ℓ̄) = υi(ℓ̄) cos
(

µi(ℓ̄)
)

sin
(

ϕi(ℓ̄)
)

,

˙̟ zi(ℓ̄) = υi(ℓ̄) sin
(

µi(ℓ̄)
)

,

(1)































υ̇i(ℓ̄) = axi(ℓ̄)− g sin
(

µi(ℓ̄)
)

,

ϕ̇i(ℓ̄) =
ayi(ℓ̄)

υi(ℓ̄) cos
(

µi(ℓ̄)
) ,

µ̇i(ℓ̄) =
azi(ℓ̄)− g cos

(

µi(ℓ̄)
)

υi(ℓ̄)
,

(2)

where ̟xi(ℓ̄), ̟yi(ℓ̄) and ̟zi(ℓ̄) are the positional components of ith UAV, υi(ℓ̄) > 0 stands for the
velocity, and cos

(

µi(ℓ̄
)

6= 0). µi(ℓ̄) and ϕi(ℓ̄) are the flight path angles, representing the inclination angle
and the azimuth angle, respectively; axi(ℓ̄), ayi(ℓ̄) and azi(ℓ̄) denote the accelerated velocities, while the
acceleration of gravity is denoted by g. Moreover, i = 1, . . . ,N .
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Figure 1 (Color online) Diagram of the trajectory tracking control scheme for UAV formation.

One can be defined as ̟i(ℓ̄) = [̟xi(ℓ̄) ̟yi(ℓ̄) ̟zi(ℓ̄)]
T. Invoking (1) and (2), the second derivative of

̟i(ℓ̄) can be written as [32]

¨̟ i(ℓ̄) = Oi(ℓ̄)ςi(ℓ̄) + [0 0 −g]T, (3)

Oi(ℓ̄) =









cosµi(ℓ̄) cosϕi(ℓ̄) − sinϕi(ℓ̄) − sinµi(ℓ̄) cosϕi(ℓ̄)

cosµi(ℓ̄) sinϕi(ℓ̄) cosϕi(ℓ̄) − sinµi(ℓ̄) sinϕi(ℓ̄)

sinµi(ℓ̄) 0 cosµi(ℓ̄)









,

where ςi(ℓ̄) = [axi(ℓ̄) ayi(ℓ̄) azi(ℓ̄)]
T indicates the control input vector for each UAV.

The following variables are defined as ˙̟ i(ℓ̄) = qi(ℓ̄), Ξi(ℓ̄) = [̟T
i (ℓ̄) qTi (ℓ̄)]

T and ui(ℓ̄) = Oi(ℓ̄)ςi(ℓ̄) +

[0 0 −g]T. Considering the influence of faults and disturbances on the system, then, Eq. (3) can be

rephrased as

Ξ̇i(ℓ̄) = ΛΞi(ℓ̄) +P
[

ūi(ℓ̄) + di(ℓ̄)
]

, (4)

where Λ =
[

03×3 I3

03×3 03×3

]

, P =
[

03×3

I3

]

, di(ℓ̄) represents the bounded disturbances for the ith UAV. ūi(ℓ̄) is

the control input with the actuator faults, which is presented as ūi(ℓ̄) = (1 − ð)ui(ℓ̄) + uai(ℓ̄), where
ð ∈ [0, 1] denotes the failure fault multiplicity factor, ð = 0 indicates that no fault occurs, and uai(ℓ̄)
indicates the addictive faults [33]. Defining fi(ℓ̄) = −ðui(ℓ̄) + uai(ℓ̄) to denote the total actuator faults,
then (4) is rewritten as

Ξ̇i(ℓ̄) = ΛΞi(ℓ̄) +P
[

ui(ℓ̄) + fi(ℓ̄) + di(ℓ̄)
]

. (5)

The state vector for the leader UAV is represented by Ξ0(ℓ̄), where Ξ0(ℓ̄) = [̟T
0 (ℓ̄) qT0 (ℓ̄)]

T and

˙̟ 0(ℓ̄) = q0(ℓ̄), serving as the basis for the reference flight path. And the reference state of the ith

follower UAV is given by Ξd
i (ℓ̄) = Ξ0(ℓ̄) + ῑi, where the vector ῑi = [ιTpi 0]T and ιpi denotes the reference

position trajectory of the ith UAV in respect to the leader UAV. Then leading to the tracking error
for the ith follower UAV being expressed as ~i(ℓ̄) = Ξi(ℓ̄) − Ξd

i (ℓ̄). The block diagram illustrating the
proposed control scheme in this paper can be found in Figure 1.

Remark 1. According to (1), one can get that υi(ℓ̄)=
√

˙̟ 2
xi(ℓ̄) + ˙̟ 2

yi(ℓ̄) + ˙̟ 2
zi(ℓ̄), µi(ℓ̄)=arcsin( ˙̟ zi(ℓ̄)

υi(ℓ̄)
),

ϕi(ℓ̄) = arctan(
˙̟ yi(ℓ̄)

˙̟ xi(ℓ̄)
). Therefore, if the state Ξi(ℓ̄) =

[

̟T
i (ℓ̄) qTi (ℓ̄)

]T
in system (5) is effectively con-

trolled, then the airspeed υi(ℓ̄), the attitude angles µi(ℓ̄), and ϕi(ℓ̄) associated with qi(ℓ̄) = [ ˙̟ xi(ℓ̄) ˙̟ yi(ℓ̄)
˙̟ zi(ℓ̄)]

T can be controllable.

Some of the assumptions and definitions necessary to allow for subsequent controller design are listed
below.

Assumption 1 ([34]). The network environment for the UAV formation is assumed to be consistently
ideal, and a minimum of one directional connection path connects the leader UAV to each follower UAV.
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Assumption 2 ([35]). The derivative of the total actuator fault f(ℓ̄) is bounded, which means the
existence of a positive constant f̄ that the inequality ‖ḟ(ℓ̄)‖ 6 f̄ can be maintained.

Assumption 3 ([30]). d(ℓ̄) is the energy bounded external disturbance, i.e., ‖d(ℓ̄)‖ 6 d̄, d̄ > 0. The
external disturbance d(ℓ̄) in UAVs is often generated by the factors, such as the wind disturbances or the
turbulences, so the assumption is reasonable that the external disturbance d(ℓ̄) is energy bounded.

Definition 1 ([24]). For a UAV leader-following formation system comprising one leader UAV and N
follower UAVs, the desired safe flight formation can be obtained only when the following constraints are
met

lim
t→+∞

[

Ξi(ℓ̄)− ῑi − Ξ0(ℓ̄)
]

= 0, (6)

‖̟i(ℓ̄)−̟j(ℓ̄)‖ > ds, i, j ∈ {1, . . . ,N}, (7)

where ds > 0 denotes the minimum safety range between any two UAVs within the formation.

Definition 2 ([23]). The prescribed performance function ριi(ℓ̄) =
[

ριi(0) − ριi(∞)
]

e−lιi ℓ̄ + ριi(∞) (ι =
1, . . . , 6) is strictly decreasing, smooth and positive. Furthermore, the function meets the condition of
limt→∞ ριi(ℓ̄) = ριi(∞), where lιi > 0 is a positive scalar and ριi(∞) > 0.

Lemma 1 ([36]). For two given matrices W and M , the matrix function F(ℓ̄) satisfying FT(ℓ̄)F(ℓ̄) 6 I,
for all constants with κ > 0, it follows that

WF(ℓ̄)M +WTFT(ℓ̄)MT
6 κWWT + κ−1MTM. (8)

3 Cooperative resilient controller design

3.1 Error constraints of prescribed performance function

To prevent collisions among the UAVs and to assure the tracking errors satisfing performance require-
ments, the PPC technique is incorporated into the controller design. In this subsection, the performance
functions are used to define a bounded region for the trajectory tracking errors. Then, the error trans-
formation is carried out to obtain the dynamic information about the transformed error.

The tracking error is constrained using a predetermined performance function, i.e.,

ρ
i
(ℓ̄) < ~i(ℓ̄) < ρ̄i(ℓ̄), (9)

where ρT
i
(ℓ̄) = [(−M1

i ρ
1
i )

T · · · (−M6
i ρ

6
i )

T)], and ρ̄Ti (ℓ̄) = [(M1
i ρ

1
i )

T · · · (M6
i ρ

6
i )

T)] with the scalars M ι
i >

0 (ι = 1, . . . , 6).
Based on the requirement for the safe distance between UAVs, the prescribed performance function

must adhere to the inequality [23]

∥

∥

∥
Ξd
i (ℓ̄)− Ξd

j (ℓ̄) + ρ
i
(ℓ̄)− ρ

j
(ℓ̄)

∥

∥

∥
> ds. (10)

Let ri(ℓ̄) = ~i(ℓ̄)

ρi(ℓ̄)
, then −Mi < ri(ℓ̄) < Mi, where MT

i = [(M1
i )

T · · · (M6
i )

T]. Moreover, the trans-

formed error ειi(ℓ̄) can be represented as follows [37]:

ειi(ℓ̄) =
1

2
ln

(

M ι
i + rιi(ℓ̄)

M ι
i − rιi(ℓ̄)

)

. (11)

According to (11), the first derivative of ειi(ℓ̄) can be written as

ε̇ιi(ℓ̄) = Sι
i

[

~̇
ι
i(ℓ̄) + σι

i~
ι
i(ℓ̄)

]

, (12)

where the scalar Sι
i =

Mι
i

[(Mι
i
)2−(rι

i
(ℓ̄))2]ρι

i
(ℓ̄)

> 0, and from Definition 2, we have σι
i = − ρ̇ι

i(ℓ̄)

ρι
i
(ℓ̄)

> 0. Further-

more, one has

ε̇i(ℓ̄) = Si

[

~̇i(ℓ̄) + σi~i(ℓ̄)
]

, (13)
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where the matrices Si and σi are Si = diag
{

S1
i , . . . , S

6
i

}

and σi = diag
{

σ1
i , . . . , σ

6
i

}

. In light of the
equality (13), it yields that

ε̇(ℓ̄) = S
[

~̇(ℓ̄) + σ~(ℓ̄)
]

, (14)

where εT(ℓ̄) = [εT1 (ℓ̄) · · · εTN (ℓ̄)], ~T(ℓ̄) = [~T1 (ℓ̄) · · · ~TN (ℓ̄)], S = diag{S1, . . . , SN }, and σ = diag{σ1, . . . ,

σN }.

3.2 Resilient fault observer design

During the real-flight formation, it is common for each UAV to potentially experience actuator faults,
particularly additive ones. For instance, when there is a malfunction in the aileron control of UAVs,
it can generate an additional roll torque. Consequently, if a UAV experiences an actuator fault, it will
directly influence the flight attitude and trajectory of the individual UAV, thereby compromising the
safe flight of the entire UAV formation system. To address this issue, a comprehensive fault mitigation
scheme consisting of both a fault detection mechanism and a fault observer is introduced in this section.

To begin, for the purpose of detecting potential actuator faults, where X̂i(ℓ̄) represents the estimate
of Ξi(ℓ̄), a fault detection observer is formulated as follows:

˙̂
Xi(ℓ̄) = ΛX̂i(ℓ̄) +Pui(ℓ̄) + Γ[Ξi(ℓ̄)− X̂i(ℓ̄)], (15)

where Γ is a positive definite matrix.
Defining the observation error as zi(ℓ̄) = Ξi(ℓ̄)− X̂i(ℓ̄), one can obtain

żi(ℓ̄) = Λzi(ℓ̄) +Pfi(ℓ̄) +Pdi(ℓ̄)− Γzi(ℓ̄). (16)

Next, the observation error zi(ℓ̄) will be analyzed under both the fault-free and the faulty conditions
to select appropriate thresholds γi for determining if the actuator faults exist.

By selecting the Lyapunov function as νi(ℓ̄) =
1
2z

T
i (ℓ̄)zi(ℓ̄); then, according to (16), one has

ν̇i(ℓ̄) = zTi (ℓ̄)[Λzi(ℓ̄) +Pfi(ℓ̄) +Pdi(ℓ̄)− Γzi(ℓ̄)]

6 −λmin(Λ− Γ)‖zi(ℓ̄)‖
2 + d̄i‖P‖‖zi(ℓ̄)‖+ ‖P‖‖fi(ℓ̄)‖‖zi(ℓ̄)‖

= [−λmin(Λ− Γ)‖zi(ℓ̄)‖+ d̄i‖P‖+ ‖fi(ℓ̄)‖‖P‖]‖zi(ℓ̄)‖. (17)

According to (17), if there is no fault occurrence, i.e., fi(ℓ̄) = 0, the observation error satisfies the

inequality ‖zi(ℓ̄)‖ >
d̄i‖P‖

λmin(Λ−Γ) while λmin(Λ − Γ) > 0 and ν̇i(ℓ̄) < 0 hold. Then, setting the initial

condition as Ξi(0) = Ξ̂i(0), the following inequality is given by

‖zi(ℓ̄)‖ 6
d̄i‖P‖

λmin(Λ− Γ)
. (18)

Otherwise, if fi(ℓ̄) 6= 0, drawing from the examination of the observation error under identical initial

conditions, one can get that the observation error zi(ℓ̄) satisfies ‖zi(ℓ̄)‖ 6
d̄i‖P‖+‖P‖‖fi(ℓ̄)‖

λmin(Λ−Γ) .

Therefore, one can conclude that the observation error will exceed the maximum value when the faults
occur, in contrast to the case without faults. Therefore, the threshold condition can be established for

determining the presence of actuator faults as γi =
d̄i‖P‖

λmin(Λ−Γ) [35]. Overall, when an actuator fault does

exist, the error of the fault detection observer (16) satisfies the inequality ‖zi(ℓ̄)‖ > γi.

Remark 2. It is important to emphasize that the inequality ‖zi(ℓ̄)‖ > γi is a sufficient condition for
the occurrence of the faults and not a sufficiently necessary condition, i.e., the faults must occur when
‖zi(ℓ̄)‖ > γi holds, and not vice versa. The observation errors due to faults are considered tolerable when
they satisfy the inequality ‖zi(ℓ̄)‖ 6 γi.

Next, an event-triggered resilient fault observer will be formulated. When the presence of an actuator
fault is detected, it becomes necessary to estimate the actuator fault. In this context, we will develop
a fault observer utilizing the event-triggered technique. In the design of the fault observer, an auxiliary
variable ξi(ℓ̄) is introduced as follows [35]:

fi(ℓ̄) = ξi(ℓ̄) +GiΞi(ℓ̄), (19)



Yuan R, et al. Sci China Inf Sci August 2024, Vol. 67, Iss. 8, 180205:7

where Gi denotes a positive definite gain matrix. Combining (5) and (19), one obtains the following form:

ξ̇i(ℓ̄) = ḟi(ℓ̄)−Gi

[

ΛΞi(ℓ̄) +Pui(ℓ̄) +Pfi(ℓ̄) +Pdi(ℓ̄)
]

. (20)

Define ξ̂i(ℓ̄), Ξ̂i(ℓ̄), and f̂i(ℓ̄) as the estimations of ξi(ℓ̄), Ξi(ℓ̄), and fi(ℓ̄), respectively. The event-
triggered fault observer is designed as follows:

˙̂
Ξi(ℓ̄) = ΛΞ̂i(ℓ̄) +Pui(ℓ̄) +Pf̂i(ℓ̄) + Īi[Ξ

∗
i (ℓ̄)− Ξ̂i(ℓ̄)],

˙̂
ξi(ℓ̄) = −Gi

[

ΛΞ̂i(ℓ̄) +Pui(ℓ̄)
]

−GiP[ξ̂i(ℓ̄) +GiΞ̂i(ℓ̄)],

f̂i(ℓ̄) = ξ̂i(ℓ̄) +GiΞ̂i(ℓ̄), (21)

where Īi = Ii + ∆Ii is a positive definite gain matrix, Ii is a designed constant matrix, ∆Ii =
WIiFIi(ℓ̄)MIi is the gain perturbation, and Ξ∗

i (ℓ̄) represents the aspect related to Ξi(ℓ̄) in the event-
triggered mechanism.

Remark 3. The implementation of the fault observer takes into account the possibility of parameter
perturbations during the actual operation of the system. Therefore, in the development of the fault
observer (21), the impact of observer gain perturbations denoted as ∆Ii is considered to reduce the
vulnerability of the system.

The error variables are defined as Ξ̃i(ℓ̄) = Ξi(ℓ̄) − Ξ̂i(ℓ̄), Ξ̃
∗
i (ℓ̄) = Ξ∗

i (ℓ̄) − Ξi(ℓ̄), ξ̃i(ℓ̄) = ξi(ℓ̄) − ξ̂i(ℓ̄),

and f̃i(ℓ̄) = fi(ℓ̄)− f̂i(ℓ̄). Based on (21), the first derivative of the error variables are

˙̃Ξi(ℓ̄) = ΛΞ̃i(ℓ̄) +Pξ̃i(ℓ̄) +PGiΞ̃i(ℓ̄) +Pdi(ℓ̄)− ĪiΞ̃i(ℓ̄)− ĪiΞ̃
∗
i (ℓ̄),

˙̃
ξi(ℓ̄) = ḟi(ℓ̄)−Gi

[

ΛΞ̃i(ℓ̄) +Pξ̃i(ℓ̄) +PGiΞ̃i(ℓ̄) +Pdi(ℓ̄)
]

,

f̃i(ℓ̄) = ξ̃i(ℓ̄) +GiΞ̃i(ℓ̄). (22)

In particular, the following event-triggered mechanism is formulated to reduce the computation and
minimize the usage of communication resources:

{

Ξ∗
i (ℓ̄) = Ξ∗(ℓ̄κ), ℓ̄ ∈ [ℓ̄κ, ℓ̄κ+1],

ℓ̄κ+1 = inf{ℓ̄|ℓ̄ > ℓ̄κ + ℓ̄0|Ξ̃
∗T
i (ℓ̄)ΠiΞ̃

∗
i (ℓ̄) > ηiΞ̃

T
i (ℓ̄)ΠiΞ̃i(ℓ̄)},

(23)

where ηi ∈ [0, 1] is an adjustable parameter, Πi is a positive matrix to be selected, ℓ̄κ and ℓ̄κ+1 denote
the κth and the (κ+ 1)th triggered instants. Also, ℓ̄0 is a slightly larger value than the sampling period
to avoid the occurrence of the Zeno phenomenon.

Remark 4. Based on (21), it is evident that the update of the state Ξ̂i(ℓ̄) is accomplished through the
variable Ξ∗

i (ℓ̄). Thus, the fault observer based on the event-triggered mechanism can activate the system
response when necessary, but the traditional fault observer operates at a fixed time interval, which leads to
the inefficient utilization of computing resources. Instead, the event-triggered fault observer in this paper
can help reduce communication overhead by preventing the system from continuously transmitting data
at fixed intervals. Therefore, this approach can reduce the computational load and lower the consumption
of communication resources.

Continuing, if all the UAVs (N units) are equipped with an event-triggered fault observer as the one
designed above, then Eq. (22) can be reformulated as follows:

˙̃Ξ(ℓ̄) = Λ̄Ξ̃(ℓ̄) + P̄ξ̃(ℓ̄) + P̄ḠΞ̃(ℓ̄) + P̄d(ℓ̄)− ĪΞ̃(ℓ̄)− ĪΞ̃∗(ℓ̄),

˙̃
ξ(ℓ̄) = ḟ(ℓ̄)− Ḡ

[

Λ̄Ξ̃(ℓ̄) + P̄ξ̃(ℓ̄) + P̄ḠΞ̃(ℓ̄) + P̄d(ℓ̄)
]

,

f̃(ℓ̄) = ξ̃(ℓ̄) + ḠΞ̃(ℓ̄), (24)

where Ξ̃T(ℓ̄) = [Ξ̃T
1 (ℓ̄) · · · Ξ̃T

N (ℓ̄)], ξ̃T(ℓ̄) = [ξ̃T1 (ℓ̄) · · · ξ̃TN (ℓ̄)], Ξ̃∗T(ℓ̄) = [Ξ̃∗T
1 (ℓ̄) · · · Ξ̃∗T

N (ℓ̄)], ḟT(ℓ̄) =

[ḟT
1 (ℓ̄) · · · ḟT

N (ℓ̄)], f̃T(ℓ̄) = [f̃T
1 (ℓ̄) · · · f̃T

N (ℓ̄)], dT(ℓ̄) = [dT1 (ℓ̄) · · · dTN (ℓ̄)], UT(ℓ̄) = [uT
1 (ℓ̄) · · · uT

N (ℓ̄)], Λ̄ =

IN ⊗ Λ, P̄ = IN ⊗P, Ī = diag{Ī1, . . . , ĪN }, Ḡ = diag{G1, . . . , GN }.
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3.3 Development of cooperative resilient control systems

This study also strives to design resilient controllers that guarantee the UAV formation can achieve a
predetermined tracking performance, which can be designed as

ui(ℓ̄) = −K1ci0Siεi(ℓ̄)−K2

N
∑

j=1

cijSi

[

εi(ℓ̄)− εj(ℓ̄)
]

− f̂i(ℓ̄), i, j = 1, . . . ,N , (25)

where the matrices K1 and K2 serve as the controller gains to ensure that the follower UAVs are able to
accurately track the reference state and remain collaborative with each other. Here, f̂i(ℓ̄) = ξ̂i(ℓ̄)+IiΞ̂i(ℓ̄)
signifies the estimation of the fault fi(ℓ̄).

Remark 5. In the actual physical environment, the controller hardware is also affected by a variety
of physical factors leading to the actual controller gain perturbations, which will directly affect the
performance of the system [38]. Therefore, the resilient controllers need to be designed to reduce the
sensibility of the system for the control gain perturbations.

Building upon the analysis presented above, the actual controller is rephrased as

ui(ℓ̄) = −K̄1ci0Siεi(ℓ̄)− K̄2

N
∑

j=1

cijSi

[

εi(ℓ̄)− εj(ℓ̄)
]

− f̂i(ℓ̄), i, j = 1, . . . ,N , (26)

where K̄ι = Kι+∆Kι, and the perturbation is represented as ∆Kι = WιFι(ℓ̄)Mι. The matrices Wι and
Mι are constant matrices with suitable dimensions, and Fι(ℓ̄) is a bounded unknown real matrix function

with Lebesgue measurable elements that satisfies Fι(ℓ̄)
T
Fι(ℓ̄) 6 I, where ι = 1, 2.

The trajectory tracking error is defined as ~i(ℓ̄) = Ξi(ℓ̄) − Ξd
i (ℓ̄). Computing the time derivative, one

has

~̇i(ℓ̄) = ΛΞi(ℓ̄) +Pui(ℓ̄) +Pfi(ℓ̄) +Pdi(ℓ̄)− Ξ̇d
i (ℓ̄). (27)

Substituting the controller (26) into (27), one can obtain

~̇i(ℓ̄) = Λ~i(ℓ̄) +P



−K̄1ci0Siεi(ℓ̄)− K̄2

N
∑

j=1

cijSi[εi(ℓ̄)− εj(ℓ̄)]



+Pf̃i(ℓ̄) +Pdi(ℓ̄). (28)

Utilizing the Kronecker product techniques, the first-order derivatives for all errors of the UAV forma-
tion closed-loop system with prescribed performance can be described as follows:

~̇(ℓ̄) = Λ̄~(ℓ̄)− (C̄ + H̄)Sε(ℓ̄) + P̄ξ̃(ℓ̄) + P̄ḠΞ̃(ℓ̄) + P̄d(ℓ̄),

ε̇(ℓ̄) = S
[

~̇(ℓ̄) + σ~(ℓ̄)
]

,

˙̃Ξ(ℓ̄) = Λ̄Ξ̃(ℓ̄) + P̄ξ̃(ℓ̄) + P̄ḠΞ̃(ℓ̄) + P̄d(ℓ̄)− ĪΞ̃(ℓ̄)− ĪΞ̃∗(ℓ̄),

˙̃
ξ(ℓ̄) = ḟ(ℓ̄)− Ḡ

[

Λ̄Ξ̃(ℓ̄) + P̄ξ̃(ℓ̄) + P̄ḠΞ̃(ℓ̄) + P̄d(ℓ̄)
]

, (29)

where ~T(ℓ̄) = [~T1 (ℓ̄) · · · ~TN (ℓ̄)], C̄ = C ⊗PK̄1, H̄ = H⊗PK̄2.

4 Main results

Two cases are considered below.
Case 1. When ḟ(ℓ̄) = 0 and d(ℓ̄) = 0, the entire system is asymptotically stable, and the UAV

formation errors satisfy the following conditions:

lim
ℓ̄→+∞

[

Ξi(ℓ̄)− ῑi − Ξ0(ℓ̄)
]

= 0, (30)

‖̟i(ℓ̄)−̟j(ℓ̄)‖ > ds, i, j ∈ {1, . . . ,N}, (31)

where ds denotes the minimum safety distance between any two UAVs.
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Case 2. When ḟ(ℓ̄) 6= 0 and d(ℓ̄) 6= 0, the system satisfies the H∞ performance as follows:
∫ ∞

0

[0(ℓ̄)T0(ℓ̄)− ̺2ζ(ℓ̄)Tζ(ℓ̄)] dℓ̄ 6 0, (32)

where 0
T(ℓ̄) = [~T(ℓ̄) (Sε(ℓ̄))T Ξ̃T(ℓ̄) ξ̃T(ℓ̄) Ξ̃∗T(ℓ̄)], ζT(ℓ̄) = [ḟT(ℓ̄) dT(ℓ̄)], and ̺ > 0 is the index of

H∞ performance.

Remark 6. In order to statement the control algorithm in this paper, two typical scenarios of UAV
formation system are considered. Only the effect of constant faults (ḟ(ℓ̄) = 0, d(ℓ̄) = 0) is considered in
Case 1, while the combined effect of time-varying faults and external disturbances (ḟ(ℓ̄) 6= 0, d(ℓ̄) 6= 0) is
considered in Case 2, which corresponds to simple and complex system performance affecting conditions,
respectively. And the rest of the cases is not considered for the time being, but the analysis methods are
similar to the analysis methods in the above two cases.

Then, the stability analysis on the basis of the Lyapunov theory is presented in the form of the theorems.
The following theorems provide a theoretical proof of the stability and ensure that the system can meet
the properties requirements for the two above cases mentioned.

Theorem 1. When the fault variation is slow and there are no external disturbances (i.e., ḟ(ℓ̄) = 0,
d(ℓ̄) = 0), and the given scalars such as the event-triggered mechanism parameter ηi > 0, the safe inter-
UAV distance ds > 0, the positive definite gain matrices for fault observers Gi, combined with controller
gains K1 and K2, as well as the state observer gains Ii, should there be positive definite matrices R1, R2,
and Πi that meet the following matrix inequalities, the constructed controller using the event-triggered
fault observer can attain the asymptotic stability of the UAV formation tracking system and manifest
the desired formation:

ℵ =



















ℵ11 ℵ12 ℵ13 ℵ14 0

∗ ℵ22 ℵ23 ℵ24 0

∗ ∗ ℵ33 ℵ34 ℵ35

∗ ∗ ∗ ℵ44 0

∗ ∗ ∗ ∗ −Π



















< 0, (33)

ℵ11 = R̄1Λ̄+ Λ̄TR̄1, ℵ12 = R̄1C̄ + R̄1H̄+ R̄1Λ̄+ R̄1l,

ℵ22 = R̄1(C̄ + H̄) + (C̄T + H̄T)R̄1, ℵ13 = ℵ23 = R̄1P̄Ḡ, ℵ14 = ℵ24 = R̄1P̄,

ℵ33 = R̄1(Λ̄+ P̄Ḡ− Ī) + (Λ̄+ P̄Ḡ− Ī)TR̄1 + ηΠ,

ℵ34 = R̄1P̄− (Λ̄ + P̄Ḡ)TḠTR̄2, ℵ35 = R̄1Ī,

ℵ44 = R̄2ḠP̄ + (ḠP̄)TR̄2.

Proof. The Lyapunov function V (ℓ̄) can be selected as follows:

V (ℓ̄) = ~
T(ℓ̄)R̄1~(ℓ̄) + εT(ℓ̄)R̄1ε(ℓ̄) + Ξ̃T(ℓ̄)R̄1Ξ̃(ℓ̄) + ξ̃T(ℓ̄)R̄2ξ̃(ℓ̄), (34)

where R̄1 = IN ⊗R1 and R̄2 = IN ⊗R2 with R1 and R2 being positively definite matrices. Calculating
the V (ℓ̄) first-order derivative in (34) yields

V̇ (ℓ̄) = 2~T(ℓ̄)R̄1

[

Λ̄~(ℓ̄)− (C̄ + H̄)Sε(ℓ̄) + P̄ξ̃(ℓ̄) + P̄ḠΞ̃(ℓ̄) + P̄d(ℓ̄)
]

+2εT(ℓ̄)R̄1S
[

Λ̄~(ℓ̄)− (C̄ + H̄)Sε(ℓ̄) + P̄ξ̃(ℓ̄) + P̄ḠΞ̃(ℓ̄) + P̄d(ℓ̄) + σ~(ℓ̄)
]

+2Ξ̃T(ℓ̄)R̄1

[

Λ̄Ξ̃(ℓ̄) + P̄ξ̃(ℓ̄) + P̄ḠΞ̃(ℓ̄) + P̄d(ℓ̄)− ĪΞ̃(ℓ̄)− ĪΞ̃∗(ℓ̄)
]

+2ξ̃T(ℓ̄)R̄2

[

ḟ(ℓ̄)− Ḡ[Λ̄Ξ̃(ℓ̄) + P̄ξ̃(ℓ̄) + P̄ḠΞ̃(ℓ̄) + P̄d(ℓ̄)]
]

. (35)

According to the analysis in [23], one can obtain that S = diag
{

S1, . . . , SN

}

is a positively diagonal

matrix, and then σ < l, where σ = diag
{

σ1, . . . , σN

}

, l = diag
{

l1, . . . , lN
}

, σi = diag
{

σ1
i , . . . , σ

6
i

}

, and

li = diag
{

l1i , . . . , l
6
i

}

. In addition, considering the event-triggered mechanism defined in (23), one has

Ξ̃∗T(ℓ̄)ΠΞ̃∗(ℓ̄) 6 ηΞ̃T(ℓ̄)ΠΞ̃(ℓ̄), (36)
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where Π = diag
{

Π1, . . . ,ΠN

}

, η = diag
{

η1, . . . , ηN
}

.

Then substituting ḟ(ℓ̄) = 0 and d(ℓ̄) = 0 into (35), it is obvious that

V̇ (ℓ̄) 6 0
T(ℓ̄)ℵ0(ℓ̄), (37)

where ℵ is represented by the matrix in (33).

According to ℵ < 0 in inequality (37), since V̇ (ℓ̄) < 0, the entire system in (29) is asymptotically stable.
Therefore, one has limℓ̄→+∞ e(ℓ̄) = 0 and limℓ̄→+∞ Sε(ℓ̄) = 0. Based on (11), one has limℓ̄→+∞ ε(ℓ̄) = 0,
i.e., the formation tracking errors satisfy the constraints of the prescribed performance function, thus the
following inequality is established:

ρ
i
(ℓ̄)− ρ

j
(ℓ̄) < ~i(ℓ̄)− ~j(ℓ̄) < ρ̄i(ℓ̄)− ρ̄j(ℓ̄). (38)

In combination with inequalities (10) and (38), one obtain

‖Ξi(ℓ̄)− Ξj(ℓ̄)‖ > ‖Ξd
i (ℓ̄)− Ξd

j (ℓ̄) + ρ
i
(ℓ̄)− ρ

j
(ℓ̄)‖ > ds. (39)

Based on the above analysis, Theorem 2 is given for the cases that the fault satisfies ḟ 6= 0 and the
external disturbance satisfies d(ℓ̄) 6= 0:

Theorem 2. When actuator faults exist, with ḟ 6= 0, and the external disturbance is present with
d(ℓ̄) 6= 0, and the given specific scalars such as the event-triggered mechanism parameter η > 0 and
the safe inter-UAV distance ds > 0, along with the positive definite gain matrices for fault observers
Gi, combined with controller gains K1 and K2, as well as the state observer gains Ii. Supposing that
the existence of R1, R2, and Πi can make the following matrix inequalities hold, the controller designed
based on the event-triggered fault observer can ensure that the UAV formation tracking system satisfies
the H∞ performance criterion (32). Then, one has

ℵ̄ =





























ℵ̄11 0 0 0 0 0 0

∗ ℵ̄22 0 0 0 0 0

∗ ∗ ℵ̄33 0 0 0 0

∗ ∗ ∗ ℵ̄44 0 0 0

∗ ∗ ∗ ∗ ℵ̄55 0 0

∗ ∗ ∗ ∗ ∗ ℵ̄66 0

∗ ∗ ∗ ∗ ∗ ∗ ℵ̄77





























< 0, (40)

where the ℵ̄11, · · · , ℵ̄77 are defined as follows:

ℵ̄11 =



































R̄1Λ̄+ Λ̄TR̄1 + I R̄1(C̄ + H̄) C ⊗ (R1PW1) H⊗ (R1PW1) R̄1Λ̄ R̄1l R̄1 R̄1P̄

∗ −I 0 0 0 0 0 0

∗ ∗ −I 0 0 0 0 0

∗ ∗ ∗ −I 0 0 0 0

∗ ∗ ∗ ∗ −I 0 0 0

∗ ∗ ∗ ∗ ∗ −I 0 0

∗ ∗ ∗ ∗ ∗ ∗ −
1

2
I 0

∗ ∗ ∗ ∗ ∗ ∗ ∗ −I



































,
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ℵ̄22 =

































R̄1(C̄ + H̄) + (C̄ + H̄)TR̄1 + I C ⊗ (R1PW1) H⊗ (R1PW1) C ⊗MT
1 H⊗MT

1 R̄1 R̄1P̄

∗ −I 0 0 0 0 0

∗ ∗ −I 0 0 0 0

∗ ∗ ∗ −
1

2
I 0 0 0

∗ ∗ ∗ ∗ −
1

2
I 0 0

∗ ∗ ∗ ∗ ∗ −
1

2
I 0

∗ ∗ ∗ ∗ ∗ ∗ −I

































,

ℵ̄33 =





































R̄1(Λ̄+ P̄Ḡ+ L̄) + (Λ̄+ P̄Ḡ+ L̄)TR̄1 R̄1W̄L M̄L R̄1 R̄1L̄ R̄1W̄L Ḡ Λ̄+ P̄Ḡ

∗ −ω−1
1 I 0 0 0 0 0 0

∗ ∗ −ω1I 0 0 0 0 0

∗ ∗ ∗ −
1

2
I 0 0 0 0

∗ ∗ ∗ ∗ −I 0 0 0

∗ ∗ ∗ ∗ ∗ −ω−1
2 I 0 0

∗ ∗ ∗ ∗ ∗ ∗ −
1

2
I 0

∗ ∗ ∗ ∗ ∗ ∗ ∗ −I





































,

ℵ̄44 =

















R̄2ḠP̄+ (ḠP̄)TR̄2 P̄ R̄2 R̄2Ḡ

∗ −
1

3
I 0 0

∗ ∗ −I 0

∗ ∗ ∗ −
1

2
I

















, ℵ̄55 =









I −Π I M̄T
L

∗ −I 0

∗ ∗ −ω2









,

ℵ̄66 =

[

−̺2I I

∗ −I

]

, ℵ̄77 =





−̺2I P̄

∗ −
1

4
I



 .

Proof. Combining (35) with the H∞ performance criterion (32), we can establish the following form:

V̇ (ℓ̄) + 0(ℓ̄)T0(ℓ̄)− ̺2ζ(ℓ̄)Tζ(ℓ̄) 6 0̄
T(ℓ̄)ℵ̄0̄(ℓ̄), (41)

where 0̄
T(ℓ̄) = [~T(ℓ̄) (Sε(ℓ̄))T Ξ̃T(ℓ̄) ξ̃T(ℓ̄) Ξ̃∗T(ℓ̄) ḟT(ℓ̄) dT(ℓ̄)] and ℵ̄ is expressed as (40).

If C̄ = C ⊗PK1, H̄ = C ⊗PK2, C̄ = C̄ + C ⊗P∆K1, H̄ = H̄ +H⊗P∆K2; then, by using Lemma 1,
one obtains

~
T(ℓ̄)

[

R̄1(C̄ + H̄) + (C̄T + H̄T)R̄1

]

Sε(ℓ̄)

6 ~
T(ℓ̄)

[

R̄1(C̄ + H̄)(C̄ + H̄)TR̄1

]

~(ℓ̄) + (Sε(ℓ̄))TSε(ℓ̄) + ~
T(ℓ̄)

[

C ⊗ (R1PW1)[C ⊗ (R1PW1)]
T
]

~(ℓ̄)

+(Sε(ℓ̄))T
[

(C ⊗M1)
T(C ⊗M1)

]

Sε(ℓ̄) + ~
T(ℓ̄)

[

H⊗ (R1PW2)[H⊗ (R1PW2)]
T
]

~(ℓ̄)

+(Sε(ℓ̄))T
[

(H⊗M2)
T(H⊗M2)

]

Sε(ℓ̄). (42)

Similarly, the following form is obtained:

(Sε(ℓ̄))T
[

R̄1(C̄ + H̄) + (C̄T + H̄T)R̄1 + I
]

Sε(ℓ̄)

6 (Sε(ℓ̄))T
[

R̄1(C̄ + H̄) + (C̄T + H̄T)R̄1 + I
]

Sε(ℓ̄)

+(Sε(ℓ̄))T
[

C ⊗ (R1PW1)[C ⊗ (R1PW1)]
T + (C ⊗M1)

T(C ⊗M1)
]

Sε(ℓ̄)

+(Sε(ℓ̄))T
[

H⊗ (R1PW2)[H⊗ (R1PW2)]
T + (H⊗M2)

T(H⊗M2)
]

Sε(ℓ̄). (43)
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Let Ī = L̄ + ∆L̄, L̄ = diag{I1, . . . , IN }, ∆L̄ = W̄I F̄I(ℓ̄)M̄I , W̄ = diag{WI1, . . . ,WIN }, F̄I(ℓ̄) =
diag{FI1(ℓ̄), . . . , FIN (ℓ̄)}, M̄ = diag{MI1, . . . ,MIN}, and the corresponding inequality can be obtained
for the term about Ī as follows:

Ξ̃T(ℓ̄)
[

R̄1(Λ̄+ P̄Ḡ− Ī) + (Λ̄+ P̄Ḡ− Ī)TR̄1 + ηΠ+ I
]

Ξ̃(ℓ̄)

6 Ξ̃T(ℓ̄)
[

R̄1(Λ̄+ P̄Ḡ) + (Λ̄+ P̄Ḡ)TR̄1 + ηΠ+ I
]

Ξ̃(ℓ̄) + Ξ̃T(ℓ̄)
[

R̄1Ī + ĪTR̄1

]

Ξ̃(ℓ̄), (44)

− Ξ̃T(ℓ̄)(R̄1Ī + ĪTR̄1)Ξ̃
∗(ℓ̄)

6 Ξ̃T(ℓ̄)
[

R̄1L̄L̄
TR̄1

]

Ξ̃(ℓ̄) + Ξ̃∗T(ℓ̄)Ξ̃∗(ℓ̄) + ω2Ξ̃
T(ℓ̄)R̄1W̄IW̄

T
I R1Ξ̃(ℓ̄) + ω−1

2 Ξ̃∗T(ℓ̄)M̄T
I M̄IΞ̃

∗(ℓ̄). (45)

All the other terms in the inequality (41) can be treated in the same way as the inequalities (42)-(45).
Ultimately, the following form can be described by

V̇ (ℓ̄) + 0(ℓ̄)T0(ℓ̄)− ̺2ζ(ℓ̄)Tζ(ℓ̄) 6 0̄
T(ℓ̄)ℵ̄0̄(ℓ̄). (46)

Therefore, when the matrix inequality (40) holds, the UAV formation system can meet the H∞ per-
formance requirements, namely the Theorem 2 is proven. Moreover, the following Theorem 3 is given.

Theorem 3. If there exist positively definite matrices R1, R2 and Πi, along with the constant matrices
O1, O2, and O3 of suitable dimensions so as to satisfy the following linear matrix inequality (LMI), we
have

ℵ̃ =





























ℵ̃11 0 0 0 0 0 0

∗ ℵ̃22 0 0 0 0 0

∗ ∗ ℵ̃33 0 0 0 0

∗ ∗ ∗ ℵ̄44 0 0 0

∗ ∗ ∗ ∗ ℵ̄55 0 0

∗ ∗ ∗ ∗ ∗ ℵ̄66 0

∗ ∗ ∗ ∗ ∗ ∗ ℵ̄77





























< 0, (47)

where

ℵ̃11 = ℵ̄11, ℵ̃11[12] = C ⊗O1 +H⊗O2,

ℵ̃22 = ℵ̄22, ℵ̃11[11] = C ⊗ (O1 +OT
1 ) +H⊗ (O2 +OT

2 ) + I,

ℵ̃33 = ℵ̄33, ℵ̃33[11] = R̄1(Λ̄ + P̄Ḡ+ (Λ̄ + P̄Ḡ)TR̄1 +O3 +OT
3 ,

ℵ̃33[15] = O3,

and the symbol ℵ̃[ij] represents the element located in the ith row and jth column of the matrix ℵ̃.
As a result, the UAV formation described in (4) can achieveH∞ performance and tracking performance

under the constraints of the prescribed performance function. Furthermore, the gains of the controller
and observer can be computed by the following form:

K1 = PTR−1
1 O1, K2 = PTR−1

1 O2, Ī = R̄−1
1 O3. (48)

Proof. Defining R1PK1 = O1, R1PK2 = O2, R̄1Ī = O3, by substituting these variables into inequality
(40), it becomes evident that the inequality (47) holds trivially.

Remark 7. Theorems 1 and 2 can prove the rationality of the proposed control algorithm for Cases 1
and 2, respectively. For Theorem 3, the aim is to give the solutions of the control gain matrices and the
fault observer gain matrix in the control law.

Remark 8. For the UAV formation system in actual operation, the problems of the limited commu-
nication computing power, the actuator fault and the structural parameter changes caused by long time
operation are comprehensive. Therefore, in order to improve the formation system safety, it is necessary
to consider the above problems in the design of the formation control scheme. However, the design of the
control scheme under the integrated problems needs to propose the coupling solution technique between
the problems. Through comparative analysis, the key differences between the proposed control scheme
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Figure 2 (Color online) Communication topology diagram for the UAV formation.

and the existing ones lie in the comprehensive integration of these excellent features into a unified frame-
work for the UAV formation system. While some existing controllers may address individual aspects such
as the fault tolerance or the event-triggered control, the contribution of this paper lies in the synthesis of
these disparate elements into an efficient control strategy. Thus the proposed method in this paper has
the ability to deal with the integrated problems existing in the UAV formation system.

5 Simulation analysis

The cooperative collision avoidance fault-tolerant formation control scheme based on the event-triggered
fault observer developed in this paper is utilized in a fixed-wing UAV formation system, and the simulation
results are also shown to statement the feasibility of the scheme.

In the simulation, the fixed-wing UAV formation is composed of a leader UAV and four follower UAVs,
the communication topology is shown in Figure 2. The corresponding matrix is C = diag{1, 1, 0, 1}, while
the adjacency matrix Ca and the Laplacian matrix H are chosen respectively.

Ca =













0 0 0 1

1 0 1 0

1 1 0 1

1 1 1 0













, H =













3 0 0 −1

−1 2 −1 0

−1 −1 2 −1

−1 −1 −1 2













.

According to the design in the above sections, the corresponding parameters and gain matrices have
been selected and computed. Firstly, the gain matrix Γ of the fault detection observer (15) is selected as
Γ = diag{5, 5, 5, 5, 5, 5}. We set the index of H∞ performance as ̺ = 0.4. Then, the gain matrix Gi in
the event-triggered fault observer is chosen as follows:

Gi =









0 0 0 0.15 −0.15 −0.08

0 0 0 0.08 0.28 −0.30

0 0 0 0.20 −0.15 0.01









, i = 1, . . . , 4.

Selecting the adjustable parameters of the event triggering mechanism to be ηi = 0.5, Πi = I6, i =
1, . . . , 4, while ℓ̄0 = 0.025 is a constant slightly larger than the sampling period T = 0.02 s. One
chooses that the parameters related to the fault observer gain perturbation ∆Ii and the controller gain
perturbations ∆K1 and ∆K2 as WIi=MIi = I6, FIi(ℓ̄) = F1(ℓ̄) = F2(ℓ̄) = sin(ℓ̄), W1 = W2 = I3,

M1 = M2 =









0.8 0 0 0 0 0

0 0.6 0 0 0 0 0

0 0 0.4 0 0 0 0









.
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Figure 3 (Color online) Three-dimensional trajectory tracking curves for UAV formation.

Then, the gain matix Ii and the controller gains K1,K2 can be computed based on Theorem 3. Finally,
based on the above selected parameters, and the designed controller according to (26) is shown as follows:

ui(ℓ̄) = −K̄1ci0Siεi(ℓ̄)− K̄2

4
∑

j=1

cijSi

[

εi(ℓ̄)− εj(ℓ̄)
]

− f̂i(ℓ̄), i, j = 1, . . . , 4. (49)

To demonstrate the superiority of the proposed method, a traditional H∞ controller is given. The
following structure of the traditional H∞ controller [39] is used for the comparison simulations:

ui(ℓ̄) = −K1ci0~i(ℓ̄)−K2

4
∑

j=1

cij

[

~i(ℓ̄)− ~j(ℓ̄)
]

, i, j = 1, . . . , 4, (50)

where the H∞ performance as
∫∞

0
[~(ℓ̄)T~(ℓ̄) − ̺2ζ(ℓ̄)Tζ(ℓ̄)] dℓ̄ 6 0. By comparing the controller (49)

designed in this paper with the traditional controller (50), it can be seen that the traditional controller
(50) lacks the compensation function of parameter perturbation, the fault observation and the error
performance limitation. Next, the designed controller (49) and the traditional controller (50) are applied
to the control of the formation system under the same simulation conditionsthe, the numerical simulation
results are shown in Figures 3–6. Under the proposed method, the simulation results are shown in Fig-
ure 3, the leader UAV (UAV0) and the follower UAVs (UAV1, UAV2, UAV3 and UAV4) form a formation
of UAVs precisely following the desired trajectory in a spiral upward motion.

In the four subplots of Figure 4, the first three plots are plotted in the x-y, y-z and x-z planes using
the position coordinates of the UAVs based on the proposed method, respectively, and the fourth subplot
shows the trajectory tracking error curves of the UAVs that are controlled with the proposed controller.
It can be seen that the proposed method can effectively control the UAV formation, and the formation
error only occurs in a small range and is close to zero for about 3.6 s. By comparing the simulation
results in Figures 4 and 5, it can be found that the control performance of the traditional controller is
worse than that of the controller proposed in this paper under the absence of the fault observer and the
error performance constraints. According to Figure 5, the last subplot shows the formation error, and it
can be noticed that it never converges to zero and always has a large value.

Combining Figures 3 and 4, the tracking errors of the composed UAV formation under the proposed
method are convergent, and the appropriate safety distances are maintained between individual UAVs
under conditions of gain perturbations, but the traditional H∞ control cannot fulfill this requirement
form Figure 5. In order to demonstrate the superiority of the proposed method more intuitively, Figure 6
shows the absolute value average error and the absolute value error maximum of the four follower UAVs
obtained by using the two methods, in which the purple and blue bars are the absolute value average
errors of the proposed method and the traditional H∞ method, and the green and red bars are the
absolute value error maximums of the proposed method and the traditional H∞ method, which shows
that the absolute value average error and the absolute value error maximum of the proposed method
are significantly lower than that of the traditional H∞ method, and thus the proposed method is more
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Figure 4 (Color online) Position response and tracking error curves of follower UAVs for the proposed method. The tracking

trajectories from view of (a) x-y plane, (b) y-z plane, and (c) x-z plane. (d) The tracking errors of UAVs.

Figure 5 (Color online) Position response and tracking error curves of follower UAVs for the traditional H∞ controller. The

tracking trajectories from view of (a) x-y plane, (b) y-z plane, and (c) x-z plane. (d) The tracking errors of UAVs.
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Figure 6 (Color online) Absolute value average error and absolute value error maximum of follower UAVs. The comparison

results between the traditional H∞ method and the proposed method for (a) UAV1, (b) UAV2, (c) UAV3, and (d) UAV4.

Figure 7 (Color online) UAV formation trajectory tracking error curves under prescribed performance function constraints.

superior. In Figure 7, the tracking errors of the UAV formation are confined to the bounded domain
specified by the prescribed performance function, so the desired control objectives are achieved. The
actuator faults are accurately estimated by the designed DET fault observer in Figure 8, this can prove
its viability. It should be noted that the resilient controller designed based on the proposed control scheme
successfully attenuates the sensitivity of the system for the controller gain perturbations and the fault
observer gain perturbations. However, when the same gain perturbations are introduced to the general
controller, a direct divergence of the system appears.

Therefore, on the basis of the comparative simulation results, the proposed DET fault observer-based
UAV formation cooperative collision avoidance trajectory tracking scheme can effectively deal with the
execution of the actuator faults and prevent the occurrence of internal collision, which can ensure the
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Figure 8 (Color online) Actuator fault estimation curves for UAV formation. The estimation results of fault (a) f1(ℓ̄), (b) f2(ℓ̄),

(c) f3(ℓ̄), and (d) f4(ℓ̄).

safety of formation flights. Moreover, the designed resilient controller can also enhance the non-fragility
of the system, and it can make the system more resilient for the controller parameter perturbations.

6 Conclusion

In this paper a cooperative collision avoidance and trajectory tracking resilient fault-tolerant control
method based on the DET fault observer has been proposed. In order to detect and compensate for the
possible actuator faults, a fault detection mechanism has been introduced and a resilient fault observer
has been designed based on a DET mechanism. For the purpose of preventing the occurrence of internal
collisions and attenuating the effects of external disturbances, the prescribed performance technique and
the H∞ method have been introduced as dual control indexes for the formation system. In addition, to
reduce the sensitivity of the system to control parameter perturbations, the resilient controllers have been
designed and the non-fragility of the system has been improved. In this way, the system tracking errors
have been constrained to be within the desired bounded domain. In order to verify the superiority of
the proposed method, the comparative simulations between the proposed method and the conventional
control method under the same conditions are carried out. Finally, the viability and efficacy of the
proposed control scheme have been confirmed through the numerical simulations.
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