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Appendix A Logic function reconfiguration of the circuit for NOR and NAND
Figure A1 illustrates the logic function reconfiguration of the circuit for NOR and NAND operations. Here, assume that the input

combination is ‘00’, i.e., p = 0 and q = 0, then P and Q are initialized to RH, and M and Y are set to RL before logic operation, as

demonstrated in Figure A1(a). Then the corresponding voltages are applied to perform the NOR logic operation as shown in Figure

A1(b). After the NOR logic operation, the circuit needs to realize a new computing task of NAND logic operation. Before the logic

operation, P, Q, M, and Y are set to RL for the input combination ‘11’, as demonstrated in Figure A1(c). Later corresponding

voltages are applied to trigger the NAND logic operation as shown in Figure A1(d).
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Figure A1 The logic function reconfiguration of the circuit for NOR and NAND operations. (a) Initialization before NOR

operation; (b) NOR logic operation; (c) Initialization before NAND operation; (d) NAND logic operation.

Appendix B Overall information for complete 16 Boolean logic operations
For complete 16 Boolean logic operations, the specific applied voltage assignment, the node voltage formula, and the corresponding

node voltage and output under different input combinations are summarized in Table B1, where F denotes floated, and the node

voltages exceeding 0.4VC and the outputs being logic 0 are marked in bold. The node voltages and the outputs of each gate given

in Table B1 correspond to the input combinations ‘00’, ‘01’, ‘10’, and ‘11’.

The operating ways of remaining 12 Boolean functions except XOR and XNOR are the same as that of NOR and NAND, so

they are not described in detail. In addition to the initialization, however, it takes two steps to implement XOR and XNOR logic

operations. For XOR, in the first logic operation step, VP, VQ, and VM are set to 0.7VC, 0.7VC, and G, respectively, which is

equivalent to NAND logic operation, and the operation result stored in Y is regarded as an initial state of Y participated in the

next logic operation step. In the second logic operation step, VP, VQ, and VM are altered to G, G, and 0.7VC, respectively, which

accomplishes the XOR logic operation. The operating way of XNOR operation is the same as that of XOR operation, and the

assignment of the applied voltages for XNOR is listed in Table B1.
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Table B1 Overall information for complete 16 Boolean logic operations

Function
Voltage Node voltage formula Specific node voltage Output

VP VQ VM Vn Vn y

FALSE VC G VC
RQ(RP+RM)

RQ(RP+RM)+RP·RM
· VC 0.95VC 0.51VC 0.97VC 0.66VC 0 0 0 0

p NOR q VC VC G
RM(RP+RQ)

RM(RP+RQ)+RP·RQ
· VC 0.09VC 0.51VC 0.51VC 0.67VC 1 0 0 0

q NIMP p VC G F
RQ

RP+RQ
· VC 0.50VC 0.04VC 0.95VC 0.50VC 0 1 0 0

NOT p VC F G
RM

RP+RM
· VC 0.04VC 0.04VC 0.50VC 0.50VC 1 1 0 0

p NIMP q G VC F
RP

RP+RQ
· VC 0.50VC 0.95VC 0.04VC 0.50VC 0 0 1 0

NOT q F VC G
RM

RQ+RM
· VC 0.04VC 0.50VC 0.04VC 0.50VC 1 0 1 0

p XOR q
0.7VC 0.7VC G

0.7RM(RP+RQ)

RM(RP+RQ)+RP·RQ
· VC 0.06VC 0.35VC 0.35VC 0.46VC 1 1 1 0

G G 0.7VC
0.7RP·RQ

RM(RP+RQ)+RP·RQ
· VC 0.63VC 0.33VC 0.33VC 0.23VC 0 1 1 0

p NAND q 0.7VC 0.7VC G
0.7RM(RP+RQ)

RM(RP+RQ)+RP·RQ
· VC 0.06VC 0.35VC 0.35VC 0.46VC 1 1 1 0

p AND q G G VC
RP·RQ

RM(RP+RQ)+RP·RQ
· VC 0.90VC 0.48VC 0.48VC 0.33VC 0 0 0 1

p XNOR q
0.7VC G F

0.7RQ
RP+RQ

· VC 0.35VC 0.03VC 0.66VC 0.35VC 1 1 0 1

G 0.7VC F
0.7RP

RP+RQ
· VC 0.35VC 0.66VC 0.03VC 0.35VC 1 0 0 1

COPY q F G 0.7VC
0.7RQ

RQ+RM
· VC 0.66VC 0.35VC 0.66VC 0.35VC 0 1 0 1

p IMP q 0.7VC G F
0.7RQ

RP+RQ
· VC 0.35VC 0.03VC 0.66VC 0.35VC 1 1 0 1

COPY p G F 0.7VC
0.7RP

RP+RM
· VC 0.66VC 0.66VC 0.35VC 0.35VC 0 0 1 1

q IMP p G 0.7VC F
0.7RP

RP+RQ
· VC 0.35VC 0.66VC 0.03VC 0.35VC 1 0 1 1

p OR q G G 0.7VC
0.7RP·RQ

RM(RP+RQ)+RP·RQ
· VC 0.63VC 0.33VC 0.33VC 0.23VC 0 1 1 1

TRUE G 0.7VC G
0.7RP·RM

RQ(RP+RM)+RP·RM
· VC 0.03VC 0.33VC 0.01VC 0.23VC 1 1 1 1

Appendix C Impact of resistance variation
Device variations such as resistance variation may impact the correctness of the logic operation. One of the key points to realize

the logic operations proposed in this paper is the node voltage. The node voltage, however, could be influenced by the resistance

variation of memristor. Furthermore, NAND is a universal logic gate, and based on Table B1, the distinction between its node

voltages 0.46VC (i.e., p = 1, q = 1) and 0.35VC (i.e., p = 0, q = 1 or p = 1, q = 0) making S in two different states is the smallest.

Therefore, taking NAND logic gate as an example, the impact of resistance variation on the node voltage Vn is discussed.

Assuming that the variation ratios of RH and RL are f and g (f, g ∈(-1,1]), respectively, the changed high and low resistances

are R′
H = (1+ f) ·RH and R′

L = (1+ g) ·RL, and R′
H/R′

L = (1+ f)/(1+ g) · (RH/RL). Let the variation ratio h = (1+ f)/(1+ g),

then, f = h(1 + g)− 1. According to (3) and different input combinations, the changed node voltages can be concluded as follows.

Case 1: When p = q = 0, i.e., RP = RQ = (1 + f) · RH, the changed node voltage V ′
n is

V
′
n =

0.7(1 + g)RL[(1 + f)RH + (1 + f)RH]

(1 + g)RL[(1 + f)RH + (1 + f)RH] + (1 + f)RH · (1 + f)RH

· VC. (C1)

By substituting f = h(1 + g) − 1 into (C1), we can get

V
′
n =

0.7(1 + g)RL[h(1 + g)RH + h(1 + g)RH]

(1 + g)RL[h(1 + g)RH + h(1 + g)RH] + h(1 + g)RH · h(1 + g)RH

· VC

=
1.4RL

2RL + h · RH

· VC.

(C2)

Case 2: When p = 0 and q = 1, or p = 1 and q = 0, i.e., RP = (1 + f) · RH and RQ = (1 + g) · RL, or RP = (1 + g) · RL and

RQ = (1 + f) · RH, the changed node voltage V ′
n become

V
′
n =

0.7(1 + g)RL[(1 + f)RH + (1 + g)RL]

(1 + g)RL[(1 + f)RH + (1 + g)RL] + (1 + f)RH · (1 + g)RL

· VC

=
0.7(h · RH + RL)

2h · RH + RL

· VC.

(C3)

Case 3: When p = q = 1, i.e., RP = RQ = (1 + g) · RL, the changed node voltage V ′
n is given by

V
′
n =

0.7(1 + g)RL[(1 + g)RL + (1 + g)RL]

(1 + g)RL[(1 + g)RL + (1 + g)RL] + (1 + g)RL · (1 + g)RL

· VC

=
7

15
VC.

(C4)

Figure C1 shows that the node voltage of NAND logic gate varies with the variation ratio h. The blue solid line represents

the change of node voltage for the input combination ‘01’ or ‘10’, and the node voltage gradually decreases and tends to 0.35VC

as h varies from 1/8 (such as g = 1, f = −0.75) to 50 (such as g = −0.97, f = 0.5). The magenta solid line indicates that the

node voltage changes under the input combination ‘00’, which gradually decreases and is always lower than 0.4VC. The black solid

line represents the change of node voltage when the input combination is ‘11’, and no matter how resistances change, the node

voltage in this case is constant and always greater than 0.4VC. Based on the above analysis, the proposed logic gate shows strong

robustness to resistance variation as h varies from 1/8 (i.e., R′
H/R′

L = 25) to 50 (i.e., R′
H/R′

L = 10000).
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Figure C1 Changed node voltage of NAND logic gate with the variation ratio h.

Appendix D Logic operation steps and corresponding applied voltage levels for half adder
and full adder

Figure D1 schematically illustrates the unidirectional crossbar arrays for the half adder, including two input memristors A and B,

one load memristor M, and two output memristors C and D. For the one-bit half adder, there are two inputs (i.e., addend a and

summand b) and two outputs (i.e., summary d and carry c). The logic functions are given by d = a ⊕ b and c = a · b.
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Figure D1 Half adder.

A and B are used to store inputs a and b, respectively. The sum output d and the carry output c are stored into D and C,

respectively. Before executing the logic operation, assume that all memristors are preloaded into desired states. During the logic

operation, the voltage VS is set to VR. The logic operation process of the one-bit half adder is described as follows.

Step 1: WLR1, WLW2, and BLW1 are all set to F, WLW1 and BLR3 are both G, and 0.7VC is applied to BLR1 and BLR2 to

execute the first step of XOR logic operation, which is equivalent to NAND logic operation. Hence, d = a · b is performed and

stored in D, whose resistance state is the initial state of D in the next step.

Step 2: F is applied to WLR1, WLW2, and BLW1, G is applied to WLW1, BLR1 and BLR2, and 0.7VC is applied to BLR3 to

accomplish the XOR logic operation. Therefore, data in D is changed to a ⊕ b, which is the final result of d.

Step 3: F is applied to WLR1, WLW1, and BLW1, G is applied to WLW2, BLR1 and BLR2, and VC is applied to BLR3 to

execute the AND logic operation, i.e., c = a · b. The carry of half adder is gained and stored in C.

The logic operation steps and corresponding applied voltage levels for half adder and full adder is listed in Table D1 and

Table D2, respectively.

Table D1 The logic operation steps and corresponding applied voltage levels for the half adder

Step Logic operation WLR1 WLW1 WLW2 BLR1 BLR2 BLR3 BLW1

1 1⃝ XOR(A, B) → D F G F 0.7VC 0.7VC G F

2 2⃝ XOR(A, B) → D F G F G G 0.7VC F

3 AND(A, B) → C F F G G G VC F

Appendix E Simulation results
A series of SPICE simulations of the proposed reconfigurable stateful logic design are conducted. Because of its feasibility, simplicity,

accuracy, and generality, the VTEAM memristor model is utilized for simulation [1], and the SPICE model of VTEAM is given

in [2]. In these simulation figures, only the output results of logic operations are shown.

Figure E1 shows the simulation results of NOR and NAND logic operations. The curves corresponding to U4 in Figure E1(a)

and (b) represent the operation results of NOR and NAND, respectively. For the NOR logic operation, the operating voltages VP,

VQ, VM, VY, and VS are assigned as VC, VC, G, G, and VR, respectively. Figure E1(a) shows the simulation result of the NOR

operation for inputs p = 0 and q = 0, and the resistance of the output memristor Y is RL corresponding to logic 1. By setting

the applied voltages VP, VQ, VM, VY, and VS to 0.7VC, 0.7VC, G, G, and VR, respectively, the logic function of the circuit can

be reconfigured as the NAND operation, whose simulation result for inputs p = 1 and q = 1 is shown in Figure E1(b). As can be

seen in Figure E1(b), the output of the NAND operation for p = 1 and q = 1 is logic 0, and the delay of the logic operation is

determined by the time of switching from RL to RH, which is about 4 nanoseconds (ns).

Figure E2 illustrates the behavior of the half adder for the addend a = 1 and the summand b = 1. The curve of each subfigure

represents the result of a certain logic operation, and the specific logic operation has been marked below the subfigure. The logic

operation time of each step is set to 6 ns. In the first logic operation step, the first step of XOR logic operation is executed, which

is equivalent to NAND logic operation. Hence, the sum output d = a · b = 0 is performed, and the operation result is in situ stored

as the resistance of the output memristor D, as shown in Step 1 of Figure E2. In the second operation step, the operation result

stored into D in the first operation step is regarded as the initial state of D to execute the second step of XOR logic operation,
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Table D2 The logic operation steps and corresponding applied voltage levels for the full adder

Step Logic operation WLR1 WLR2 WLR3 BLR1 BLR2 BLR3 WLW1 WLW2 WLW3 BLW1 BLW2 BLW3

1 1⃝ XOR(R11, R12) → W11 F G G 0.7VC 0.7VC G G F F F F F

2 2⃝ XOR(R11, R12) → W11 F G G G G 0.7VC G F F F F F

3 1⃝ XOR(W11, W12) → R21 F G F F F F F G G 0.7VC 0.7VC G

4 2⃝ XOR(W11, W12) → R21 F G F F F F F G G G G 0.7VC

5 AND(W11, W12) → R31 F F G F F F F G G G G VC

6 AND(W21, W22) → R32 F F G F F F G F G G G VC

7 OR(R31, R32) → W33 G G F G G 0.7VC F F G F F F
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Figure E1 Simulation of the reconfigurable stateful logic operations. (a) NOR logic operation for inputs p = 0 and q = 0; (b)

NAND logic operation for inputs p = 1 and q = 1.

accomplishing the XOR operation, i.e., d = a ⊕ b = 0, which is the final result of d. As demonstrated in Step 2 of Figure E2, the

sum output of the half adder for a = 1 and b = 1 is logic 0. In the third operation step, the AND logic operation between a and b

is executed, that is, the carry c = a · b = 1 is gained, as shown in Step 3 of Figure E2. Therefore, from Figure E2, the sum output

d and the carry output c are logic 0 and 1, respectively, which are anastomotic with the theoretical values of the one-bit half adder

for a = 1 and b = 1.
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Figure E2 Simulation of the half adder for addend a = 1 and summand b = 1.

The simulation results of the one-bit full adder for the input combination a = 1, b = 0, and cIN = 1 are shown in Figure E3.

Based on Table D2, seven logic operation steps are required to realize the logic function of the one-bit full adder. Similarly, the

logic operation time of each step is set to 6 ns. In the first two steps, the XOR logic operation between a and b is executed, and

a⊕ b = 1, as demonstrated in Step 1 and Step 2 of Figure E3. As shown in Step 3 and Step 4 of Figure E3, in these two steps, the

XOR logic operation between a⊕ b and cIN is achieved, that is, a⊕ b⊕ cIN = 0, which is the sum output d of the full adder. In the

Step 5 of Figure E3, the AND logic operation, a⊕ b · cIN, is executed, whose result is logic 1. The AND logic operation between a

and b is performed, and its output is logic 0, as given in the Step 6 of Figure E3. In the final operation step, the results obtained

in Step 5 and 6 are utilized as inputs for the OR gate, and after OR operation, the carry-out cO is gained. Based on Figure E3,

d = 0 and cO = 1 are obtained.
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Figure E3 Simulation results of the one-bit full adder for addend a = 1, summand b = 0, and carry-in cIN = 1.


